Abstract: Multi-objective unit commitment (MOUC) considers concurrently both economic and environmental objectives, then finds the best trade-off with respect to these objectives. This paper proposes a novel model for MOUC, and a decomposition coordination approach is presented to solve the model. The economic objective is to reduce the fuel cost while the environmental objective is to reduce the CO 2 emission. The MOUC model considers these objectives by minimizing the distance to the Utopian point, which avoids generating Pareto optimal solutions. The model is solved by a decomposition coordination approach, which decomposes the whole system into subsystems and performs an iterative process. During each iteration step, the tie-line power flow is updated based on the margin price in connected subsystems, then, each subsystem is solved by branch and bound method, and the result is improved during iterations as shown in case studies. Besides, as the process does not require uploading units parameters, it protects the privacy of generating companies. Numerical case studies conducted using the proposed multi-objective model are applied to illustrate the performance of the approach.
Introduction
With the depletion of fossil resources and the growing awareness of environmental protection, higher requirements have been put forward for energy efficiency and clean use. As one of the biggest production systems, it is essential to improve operational strategies to take the economy as well as the environmental protection targets into account at the same time. In this paper, the economic objective is to reduce the CO 2 emission, and the economic objective is to reduce the fuel cost. MOUC provides an operation schedule considering both objectives, hence it is of great value and practical significance.
Currently, a great number of scholars have conducted in-depth research on the unit commitment (UC) problem and have achieved great performance. UC is a mixed integer, non-convex, non-linear problem, and with the scale of the system grows, the computation time increases almost linearly [1, 2] . The objective of UC is to determine the optimal or near optimal operating schedule of the power system in a feasible time, and the schedule must minimize the operating and commitment cost of a giving forecasted system load, considering the unit and system constraints as well as the tie-line limitation between any pairs of regions.
A lot of work has been done on the literature of UC, which could be mainly grouped as numerical optimization and heuristics methods.
Numerical optimization methods such as priority list [3] gives a high cost schedule, and dynamic programmming may suffer from 'curse of dimension' [4] . In considering the dual problem, LR involves decomposition of the problem into a sequence of master problem and multiple independent subproblems, and the subproblems could be solved separately. One of the most obvious advantages of the LR method is its quantitative measure of the solution quality since the cost of the dual function is a lower bound on the cost of the primal problem [5] . Some papers improve LR by finding an advanced technique to update the Largrangian multiplier. Zhai [5] presents a better search direction by combining the concepts of augmented LR and surrogate subgradient. In [6] , a tight and compact reformulation of the thermal unit commitment is presented, which reduces the search space and increases the searching speed by exploring that reduced space. Presently, researchers tend to use optimizers like GUROBI or CPLEX optimizer to deal with mixed integer problems, which use the branch and bound algorithm, and models based on these optimizers have been proposed [7] [8] [9] [10] [11] .
Numerical optimization methods are simple and fast but most of them may suffer from numerical convergence and solution quality problems [12] . Hence heuristics methods such as a genetic algorithm [13] , particle swarm optimization [14] , or memetic algorithm have been proposed for the UC problem. In [15] , a hybrid evolutionary framework based on hybridization of genetic algorithm and differential evolution is proposed to solve UC. The binary variables (such as u i,t in (1)) in UC is solved using the genetic algorithm while the continuous variables (such as p i,t in (1)) are solved using differential evolution. Genetic algorithm is more capable of handling binary variables and differential evolution is better in real parameter optimization, hence the performance is enhanced by combining the two algorithms. Shukla [14] uses a three stages approach to get the optimum solution of UC. In the first two stages, operating status of units are obtained by predefined priority while the generation of each unit is obtained by a weight-improved crazy particle swarm optimization algorithm. Finally, total operating cost and reserve are minimized using a solution restructuring process.
For the above literature about UC, most of the research failed to consider the emission or other environmental indicators, but considered the thermal cost only. However, researchers have addressed that issue by search of the entire Pareto-optimal front, such as weighted sum [16] , -constraint [17] and simultaneously optimization [18] [19] [20] , which are time-consuming. In [21] , the lexicographic optimization along with augmented -constraint technique are proposed to generate the Pareto optimal solutions, then a Fuzzy-based decision making procedure is implemented to select the most desired solution. Li [22] combines the non-dominated sorting genetic algorithm-II (NSGA-II) and a local search algorithm to look for the Pareto-optimal solutions. Kockar [23] analyses how emission caps and emission market prices can influence generation decisions and the resulting generation scheduling. In [12] , the objectives of MOUC are decomposed into several scalar optimization subproblems and optimizing the subproblems simultaneously by using the information from its several neighboring subproblems only.
The UC problem is a nonlinear, mixed-integer, combinatorial, high-dimensional, and highly constrained optimization problem and non-deterministic polynomial-time hard (NP hard) problem [12] , which could not be solved in a feasible time when solving a large system or require trade-off between speed and result of the calculation. One of the most effective methods is to decompose the UC problem to sets of subproblems. These subproblems are usually independent to each other and could be solved in parallel; besides, subproblems could be solved locally, which protects the data privacy of generating companies. Some decomposition techniques have been applied to solve UC problem, such as Benders [24] , Lagrangian [25] and Dantzig-Wolfe [26] . In [27] , a two level decomposition framework is presented, the lower level solve the local problem to optimize the local cost, while the upper level use the coordinators obtained in lower level to update the prices by subgradient method [28] . Under some weak assumptions, this method could converge in a finite number of iterations, but it will cost a whole lot of time.
In this work, we present a novel MOUC model and a decomposition coordination method for solving MOUC problem. Instead of generating the Pareto optimal solutions and then looking for a solution among them. In the MOUC model, we look for the best solution directly by minimizing the distance to the Utopian point, which could find the optimal solution more efficiently. The MOUC model is then solved in a decomposition-coordination approach. The whole system is decomposed into subsystems by their geographic region or each subsystem is an independent system operator (ISO). The MOUC problem is also decomposed into a set of subproblems, where each subproblem is independent of each other, corresponding to one subsystem. During iteration, subproblems are solved in parallel and multi-objective margin price in each subsystem is updated. A system-level operator fine-tunes tie-line power flow between subsystems according to the multi-objective margin price and get an improved solution during each iteration. The proposed decomposition coordination method do not need the subsystem to upload their units parameters, hence the privacy of subsystems could be protected.
This work is organized as follows: Section 2 presents the MOUC model. Section 3 explains the proposed decomposition coordination algorithm. Section 4 presents the test cases and obtained result. Finally, Section 5 concludes the manuscript and discusses future work.
Model
The MOUC proposed in this study is used to concurrently minimize the fuel cost as well as minimizing the emissions, and there have been many techniques devised to deal with MOUC problem [21, 23, 27, 29, 30] . The most popular strategy is to modify the objective or constraints in order to find the Pareto optimal front, which is also known as non-dominated solutions, then performs a technique likes Nash [31] to find a single solution that satisfies the subjective preference of scheduling decision-makers. The strategy above requires calculation of UC on the whole system for multiple times, but could be solved in parallel. Though finding Pareto optimal front could consume little time, the strategy usually confirms the final solution by observing the percentage improvement of the two objectives, which could be highly subjective.
Objective Functions
In this study, two objectives are considered. The first objective is to minimize the overall production cost over the scheduling horizon, which could be expressed as the sum of the start-up cost and the fuel cost. The fuel cost function can be expressed as quadratic form, the coefficients for unit i are a i , b i , c i .
(1) u i,t is the binary variable corresponding to the status of unit i at time interval t and y i,t is the start-up flag. T is the number of time intervals and N is the number of units. The generation of unit i at time interval t is denoted as p i,t , and the start up cost of unit i at t is denoted as ST i,t . The shutdown cost has not been taken into consideration according to [12, 22] , and the start up cost can be defined as [32] :
where T i t,o f f is the consecutive time duration when the unit i has been off before time t, and T i,C is the cold start duration of unit i. S H i , S C i are hot start cost, cold start cost of unit i respectively. T i,down is the minimum down time for unit i.
The second objective is to minimize the CO 2 emission, which can be written in form of quadratic function [27] .
d i ,e i , f i are coefficients of the emission function of unit i.
Constraints
These objectives must be minimized over a set of constraints.
1.
System power balance (a) For any given time intervals, the total power production must equal to the overall loads.
D t is the load demand at time interval t.
System reserve constraints During each time interval, sufficient spinning reserve must be available.
where R t is the spinning reserve requirement at time t, and p i,max is the rated upper generation limit of unit i. In our numerical examples. R t is set to 0.05 times of D t .
Unit constraints (a) Generation limits
where P i,min is the rated lower generation limit of unit i.
Unit minimum up/down time
T i,up , T i,down are minimum up/down time for unit i, and T i t,on are the time the unit i has been running before t. (c) Unit ramp constraints
We assume that the ramp constraint can always be met when t = 1.
3.
Binary constraint
4. Tie-line constraint |p
The tie-line between subsystems should not be overloaded. The power flow of tie-line is defined as a sequence P (tie) = {p
T }, and the tie-line power flow in any time interval should not exceed P (tie) max .
Multi-Objectives Model
Most of the multi-objective methods tend to seek the optimal Pareto front, then select a single solution among the non-dominated solutions based on some criterion. Although finding the Pareto front could work in parallel, a complete front is required to find the compromise point. See Figure 1 . We optimize over the criterion directly, which could find the solution more satisfied with the criterion and avoid looking for the Pareto front.
The "criterion" here is to minimize the Euclidean distance between non-dominated solution and the Utopian point. The Utopian point is the infeasible solution with each entry corresponds to the objective of a single-objective optimization problem [33] . For example, the objective of single-objective optimization min f 1 is the f 1 min , while the objective of min f 2 is the f 2 min . The Utopian point could be ( f 1 min , f 2 min ). If we want to improve the compromise solution, a denser Pareto front is required [34] , so we could select a better solution among the front. However, optimizing the criterion directly could find a better compromise solution and avoids looking for other non-dominated solutions.
To optimize the criterion, the objective could be formed using the following formula.
where F 1 , F 2 are the normalized objective of F 1 and F 2 . Please note that minimize F is equivalent to minimize F 1 2 + F 2 2 , which is easier to be optimized. We regard F as MOUC cost.
Methodology
We propose a method based on the margin price (MP) in connected subsystems. A system-level operator collects margin price of subsystems. Please note that the margin price is calculated based on (11), which measures the sensitivity to change of the MOUC cost. The basic hypothesis is that for given subsystems, in any time intervals, the total MOUC cost would be decreased, if a little part of load is transferred from high margin price subsystem to the other. Please note that the margin price here is the MOUC cost of the next kWh of energy. During iteration, the system-level operator determines the optimal tie-line power flow and the generation of each subsystem based on MP, load balance constraint and tie-line constraint. Then, the subsystem updates their MP based on the generation. The new MP is uploaded to the system-level operator, and the tie-line power flow is updated again. The process continues until the stop criterion is met. The optimal solution is obtained when the difference of margin price between subsystems near zero. The proposed methodology for MOUC is shown below.
Step 1: Initialize tie-line based on the total capability and local load in each subsystem.
Step 2: Update virtual load in each subsystem based on tie-line.
Step 3: Solve local MOUC problem in each subsystem and calculate MP.
Step 4: Update tie-line based on MP and local load in subsystems.
Step 5: If the stop criterion is met, the algorithm is terminated and the UC schedule is returned, otherwise, return to Step 3.
Initialize Tie-Line
A good initialization strategy of tie-line could lead to an improved result when performing the following procedures. The initialization strategy follows rules.
1.
The tie-line constraint (10) and system constraints should be met. To ensure the UC problems in subsystems are still feasible, the increase of generation in subsystem should meet constraint (5), which is denoted as RC j,t for subsystem j in (17). 2.
The total generation level in any pairs of subsystems depends on the total capability in each subsystem.
The priority of these conditions is 1, 2.
The initialized tie-line could be obtained by solving the following problem.
where p tie i,j,t is the power flow of tie-line from subsystem i to subsystem j at time t, consequently, ∑ i p tie j,i,t is the generation which will be added to the subsystem. P max i,j is the tie-line limit, if there is no tie-line between subsystem i and j, P tie i,j could be set to 0. D init i,t is constant calculated based on rule 2, which stands for the recommended load in subsystem i during time interval t.
Solving (13) can be easy as there is no time-dependent constraint and all variables p tie j,i,t are continuous. Hence the initialized tie-line could be obtained by satisfying the recommended load as well as system constraints.
Update Virtual Load
The virtual load of subsystem is not the real load in the subsystem, but virtual load with consideration of the tie-line. The sum of virtual loads in all subsystems is still equal to the sum of real loads. The virtual load is updated based on the actual local load and tie-line.
VL i,t is the virtual load in area i during time interval t. During the iteration process, we calculate the virtual load by (18) , then, solve local MOUC with consideration of constraints in Section 2. The load demand in (4) is modified to virtual load to see the consequence of updated tie-line.
Calculate local MOUC
Local MOUC problems are solved using the branch and bound method, by solving (11) respects to constraints (4)- (9) , and the load balance is updated as discussed above. Please note that solving local MOUC do not require additional information other than power flow of tie-line.
After solving the local MOUC problem for each subsystem, MP i,t should be by taking the derivative with respect to local load.
As there is no closed form of VL i,t in (11), (19) could not be solved directly. So we apply Algorithm 1 to get MP i,t . 
Algorithm 1
Calculate multi-objective margin price in subsystem i j is the index of unit in subsystem i p j,t is the scheduled output of unit j at time t penalty = 100,000 initialize gap > 0 1: for each t ∈
Update Tie-Line Power Flow
The tie-line power flow is updated based on the hypothesis that for any time intervals, if a little part of load is transferred from high MP area to the other, the total MOUC cost in the whole system could be decreased, and the amount of change signifies the step size with direction defined by the difference between subsystems. The rules of updating tie-line power flow are summarized as follows.
1.
For any given time interval, the change of tie-line should decrease the total MOUC cost in the whole system. As the MP has been calculated in the previous step, the subsystem with high MP should generate less, and tie-line power flow could be updated as follows.
x i,i,t = 0, i ∈ {1, ..., M}, t ∈ {1, ..., T}
x i,j,t + x j,i,t = 0, i, j ∈ {1, ..., M}, t ∈ {1, ..., T}
x i,j,t is the step change which should be added to p tie i,j,t .
| ∑ j x j,i,t | is the change of VL i at time t. We assumes that if the change of system load did not exceed
Step i,t , the MP i,t would be seen as constant. As a result, the objective of (20) represents the increase of total MOUC cost in the whole system. 2.
However,
Step must be chosen to update the tie-line power flow.
Step could neither be too big nor too small. A big
Step may cause the total MOUC cost to increase, because the direction is a decent direction only if the Step is not too big in any time interval. Furthermore, a small
Step may lead to the total MOUC cost to be almost invariant, or will not encourage more units to be on. Here, Step is chosen based on the following rules.
(a) The
Step t would be big, if the difference of margin price between the two subsystems is significant. (b)
The
Step t shall not only meet the tie-line constraint, but also ensure that it does not exceed a certain percentage of the local load of the two subsystems to which tie-line is connected.
δ represents the percentage of load allowed to be changed. (c)
The feasibility of UC problems related with subsystems should be guaranteed. The direct solution here is based on the observation that if system reserve constraint (5) is satisfied, then by modifying the output of units, it is easy to satisfy the demand constraint (4) [35] .
The algorithm of choosing the
Step could be stated as follows.
Algorithm 2 Find the
Step for subsystem i at time t Input: system index i and time t get the UC schedule during last iteration P max = ∑ k P k,max , where k is the index of unit in subsystem i 1: for each j ∈ {1, . . . , M} do 2: if j = i then 3: steps j = 0 4:
end if 7: end for 8: step i,t = max(steps j ), j∈{1. . .M} 9: if P max ≤ D i,t + R i,t + step i,t then 10:
The parameter δ varies from system to system. If the MP in subsystem i is quite low, the generation of subsystem i would increase by Step. As the iteration moving on, the increased generation will encourage more units in subsystem i to be on, and P max in line 10 of the Algorithm above will be bigger to encourage more generation(if the MP in the subsystem is still low).
Stop Criterion
The stop criterion is of great interest that we should ensure either the optimality as well as convergence. A natural idea is that the difference of MP between any pairs of subsystems attached with a tie-line is the criterion of convergence because we are taking the difference of MP as an iterative basis, but the difference of MP between subsystems may never be zero as there are other constraints like system reserve constraint (5) and tie-line constraint (10) . Therefore, the stop criterion could be formed as the following rules.
1.
If |MP i,t − MP j,t | < θ, (i = j) is met at all time intervals and P max i,j = 0 (there exists a tie-line between subsystem i and j), or the change MOUC cost is almost invariant, the iteration process is terminated.
2.
If the tie-line power flow has reached its limit or the maximum number of iterations been reached, stops updating the tie-line. 3.
When the subsystem spinning reserve has been reached and the MP of that subsystem is still low, which means, if the tie-line encourages the generation of that subsystem to be decreased, the total MOUC cost would increase, but the generation should not be increased. So the attached tie-line should not be updated anymore.
Theorem 1.
There exits an equilibrium so the iteration process could be terminated.
Proof. We focus on the situation where rules 2 and 3 have not been met. The MP of subsystem is defined as the first-order derivative of one of the units in the subsystem. Assumes the MP of unit i is the lowest. So, the MP for the subsystem at time t could be written as derivative with respect to the unit output that belongs to the subsystem.
Please note that the MP at time t can be influenced by not only p i,t , but also the output of other units at any time intervals. If the system load is increased by
Step, the generation of some units (especially the one with lowest MP) would be increased and vice versus. So we look at the influence on MP when the output of some units have changed.
Each term in (29) is only influenced by parameters of unit i. For any units, the coeffcients of fuel cost function (1) are always positive, which means the first and third term in (29) are positive. As for the first and second order derivative of (3), we refer to [36] that these derivatives are always positive when p i,t ∈ {P i,min , P i,max }. Hence, for all units, (29) has always been positive when p i,t ∈ {P i,min , P i,max }. If the output of any units in that subsystem is increased, the MP of the subsystem must be increased and vice versus. As the iteration process moving on, the MP between pairs of subsystem could be closing to each other.
Please note that the proof above based on the unit with lowest margin price is not changed with the iteration process going on. If the margin unit has been changed, the proof could also make sense:
1.
If the margin unit in the last iteration step has been scheduled to generate at its full capacity, the margin unit will be changed, and there will be a gap of the MP. The (29) could also be positive because the if the generation of new margin unit is increased, MP is increased, and if the VL of the system is decreased, margin unit would be switched to that in the last iteration step, the MP is decreased.
2.
If the margin unit has been changed and the margin unit in the last iteration step has not reached its generation limit, the (29) will not be consistent, but it is still positive.
Furthermore, for any tie-line updated based on rule 1, the convergence could be guaranteed.
Theorem 2.
The iterative process converges to the local optimum.
Proof. The MOUC cost of the whole system could be written as a function of tie-line.
|p tie i,j,t | ≤ P max i,j,t , i, j ∈ {1, ..., M}, t ∈ {1, ..., T} (34)
is the function of MOUC cost for subsystem i. Adding the Lagrange multiplier, using the constraint (33) , and setting derivative with respect to p tie i,j,t equal to zero (if there exists tie-line between sybsystem i and j), we get:
Where
is the Lagrangian multiplier of inequality constraint p tie i,j,t ≤ P max i,j,t , and λ min i,j is for p tie i,j,t ≥ P min i,j,t . When rule 1 is met and rule 2, 3 have not been met, constraint (34) is satisfied, λ in (35) is zero. Then, for subsystem i, j, the derivative of MOUC cost with respect to attached tie-line power flow, or, MP of subsystems, are equal to each other. which is the same solution as our algorithm. If λ = 0, the boundary of constraint (34) has been met, then we still get the same solution as our algorithm considering rule 2. Furthermore, we have considered the feasibility of local MOUC.
Please note that units parameters in each subsystem are not required to be uploaded. For each subsystem, only local MP and the cost for each objective (fuel cost and gas emission in this article) are required, which protects the privacy of generating companies.
Numerical Examples
The algorithm was coded in JAVA, and had been performed on a workstation with Intel i5-6600K processor and 16GB of RAM under Windows operating system. A test case was conducted to emphasize the robustness of the algorithm, which includes two subsystems and the result is compared with the weighted-sum [37] and NBI [38, 39] .
The tie-line limit in (10) is set to 100 MW, and δ in Algorithm 2 varies from cases.
46 Units Test
A 46 units case is applied to illustrate the performance of the proposed algorithm. The whole system is divided into two subsystems, one has 10 units and the other has 36 units. The 10 units fuel and gas parameters are referenced from [40] , and 36 units thermal parameters are from [41] . The gas efficients for 36 units are referenced from 10 units case, with high cost units are assigned bigger emission function. The parameters of units is shown in the Appendix A.
The initial condition time (ICT) in the appendix corresponds to the operating status before time 1. For example, initial condition hour '−3' means the unit had been turned off for 3 h before time 1, and 4 means the unit had been turned on for 4 h before time 1. The threshold θ in Section 3.5 is set to 10$/t and δ in Algorithm 2 is set to 0.02.
The initialized tie-line power flow and that during iteration process can be seen in Figure 2 . During the iteration process, the tie-line had been approaching its limit at some time intervals, and the margin price had been closed to each other as shown in Figure 3 . The gray area in Figure 3 represents the difference of the margin price between subsystems, and the area becomes smaller with the iteration going on. The iteration process is terminated due to rule 1 in Section 3.5. The total MOUC cost is decreasing during iteration, which had been shown in Figure 4 . The MOUC cost is decreasing in the first 30 steps, and then converges to about 1.51. The thermal cost and the emission during the iteration process have been shown in Figure 5 . 
Comparing with Other Methods
One important contribution of this paper is that the strategy of finding the compromise solution is directly optimized in the objective function in (11) , which avoids looking for other non-dominated solutions as described in Section 2.3. The MOUC solution in this paper is compared with other two MOUC methods namely weighted-sum [37] and NBI [38, 39] . In addition, the results and computation times have been shown in Figure 5 and Table 1 respectively. In conventional methods, the Pareto front is calculated by weighted-sum and NBI, then the best solution with respect to (11) is selected among the Pareto front. Hence, in order to find a better compromise solution, a denser Pareto front is required. In Figure 5 , for weighted-sum and NBI, we use each algorithm to calculate 30 non-dominated solutions to obtain the Pareto front. The initialization strategy of this paper can make the solution of our method better than the result of weighted-sum, but not as good as that of NBI. However, as the iterative process progresses, our method ultimately finds solutions that are better than the NBI method. Besides, in the proposed problem formulation, the UC problem only needs to be solved for one time, hence, the efficiency outperforms weighted sum and NBI as seen in Table 1 .
Conclusions
This paper proposes a novel MOUC model and a decomposition coordination method to solve it considering tie-line constraint. To minimize the production cost and emission, the multi-objective problem is transformed into a single objective, instead of generating a complete Pareto front or assigning weight to each objective, we minimize the Euclidean distance to the Utopian point, as a result, a better solution which is more satisfied with the proposed criterion could be found.
Then, we calculate the revised problem by an iteration process. During the iteration process, the margin price in connected subsystems is regarded as the coordinator to update tie-line, and we realize exact step control by considering the margin price, total load, etc. Each subsystem is solved separately and locally by the branch and bound method. Test cases indicate that our method could obtain an improved result than weighted-sum and NBI. Besides, solving local MOUC problem avoids the need for uploading units parameters, which protects the data privacy of generating companies.
For any given two subsystems, if the subsystem with a high margin price generates less while the other generates more, the total cost would be decreased. However, the step size is chosen by a subjective approach, and we have not found the optimal step. In addition, the solution is very sensitive to the initialization strategy, maybe we could solve MOUC based on a parallel way, with different initialized tie-line. Furthermore, we could apply DNN [42] to find the underlying relationship among units, load, tie-line as well as step size in the future.
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Appendix A Table A1 . 10 units system operation data. Table A3 . 10 units system thermal cost and emission charactoristics. 
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